The prospects of measuring triple gauge couplings in W pair production at future linear colliders with transverse beam polarisation are studied. We consider CP conserving and CP violating couplings with both real and imaginary parts. The maximum achievable sensitivity in a simultaneous measurement of all couplings is determined using optimal observables, extending an earlier analysis for longitudinal beam polarisation. We find good sensitivity to the coupling Im(g R 1 + κ R ), which is not measurable with longitudinal polarisation. In contrast, for the real parts (including the CP violating couplings) the sensitivity is better if both beams are longitudinally polarised. We conclude that a comprehensive measurement of all triple gauge couplings requires both transverse and longitudinal beam polarisation. 1
Introduction
Future linear e + e − colliders like TESLA [1] or CLIC [2] offer remarkable opportunities to probe the Standard Model (SM) and its numerous proposed extensions. The wide c.m. energy range from 90 GeV to 800 GeV or possibly 1 TeV at TESLA and from 500 GeV to 5 TeV at CLIC, the high integrated luminosities in the inverse attobarn region, the clean environment of e + e − collisions, and the possibility to use polarised beams allow for a variety of precision measurements of the electroweak interactions.
Here we consider the triple gauge couplings (TGCs) γW W and ZW W .
The TGCs are interesting observables for several reasons: Firstly, the most general γW W and ZW W vertices contain altogether 14 complex parameters [3] , six of them CP violating. In the SM the TGCs are predicted by the non-Abelian gauge symmetry, and only four CP conserving real couplings are non-zero at tree level. A variety of new physics effects can manifest itself by deviations from the SM predictions [4] . Secondly, in reactions where longitudinal W boson states are produced via TGCs the measurement of these couplings may provide information about the mechanism of electroweak symmetry breaking [5] . Thirdly, though no deviation from the SM has been found for the TGCs from LEP data [6] , the bounds obtained are comparatively weak. The tightest bounds on the anomalous couplings, i.e. on the differences between a coupling and its SM value, are of order 0.05 for ∆g Z 1 and λ γ , of order 0.1 for ∆κ γ and of order 0.1 to 0.6 for the real and imaginary parts of C and/or P violating couplings. 4 Moreover, many couplings, e.g. the imaginary parts of C and P conserving couplings, have been excluded from the analyses so far.
For various measurements at future colliders, longitudinal polarisation of one or both beams is expected to significantly improve the sensitivity, see e.g. [7] . A dedicated study of e − e + → W − W + has been performed in [8] . Longitudinal beam polarisation indeed enhances the sensitivity to most TGCs. The linear combination of couplings Im(g R 1 + κ R ) can however not be measured from the normalised event distribution, unless the beam polarisation is transverse. Further information on this coupling is contained in the total event rate as discussed in [8] , but the corresponding constraints depend on the values of all other couplings. Moreover, the total event rate is likely dominated by systematic errors, which we do not attempt to quantify here.
At present the physics case for transverse beam polarisation at a linear collider is being discussed [9, 10] . Once the planned degree of longitudinal polarisation is realised in experiment, viz. about P − l = ±80% for the electron and about P + l = ±60% for the positron beam, the same degrees of transverse polarisation P ± t are considered to be feasible. Then the important question arises of how to distribute the available total luminosity among the different modes. Thus, the physics cases for the various polarisation modes must be studied.
The purpose of this paper is to analyse the gain or loss in sensitivity to all 28
TGCs using transverse instead of longitudinal beam polarisation in the reaction e − e + → W − W + → 4 fermions. To this end we consider the full normalised event distribution. Therefore our work is complementary to [11] , where the total cross section for different W boson helicities as well as the left-right and transverse asymmetriesboth integrated and as a function of the W production angle-are calculated for the same reaction, including order α corrections and bremsstrahlung. Only a restricted number of CP conserving form factors without imaginary parts are considered in [11] .
Here, in contrast, we determine the maximum sensitivity to the full set of parameters by means of optimal observables. The differential cross section for arbitrary polarisation can be written as a sum where the first term depends on P ± l and the second is proportional to the product (P − t · P + t ), see (16) in [8] . Hence, there can be only effects of transverse polarisation if both beams are polarised and if both the electron and the positron spin vectors have a transverse component. In the following we consider only longitudinal or transverse polarisation, but no hybrid, though it is in general not excluded that the sensitivity of the differential cross section to some parameters can improve by considering more generic directions of the electron and positron spin vectors. Furthermore, we quantify the statement in [8] that the coupling Im(g R 1 + κ R ) is measurable with transverse polarisation.
The outline of this work is as follows: In Sect. 2 we summarise the results for the differential cross section with arbitrary beam polarisation using the notation of [8] . We repeat the definitions of the tensors, frames and angles in detail here, because they are crucial in the context of transverse polarisation. In Sect. 3 we recall the classification of the TGCs into four symmetry classes. We then show that this can be exploited to measure couplings of different symmetry classes independently with any type of beam polarisation (as it can be with longitudinal polarisation, see [8] ). In Sect. 4 we make some general statements about the measurement of TGCs in W pair production with transverse beam polarisation. In Sect. 5 we present our numerical results. We give the minimum achievable errors on all 28 TGCs when they are measured simultaneously, i.e. none of them is assumed to be zero. These results are then compared to the propects of measurement with unpolarised beams and with longitudinal polarisation. In Sect. 6 we present our conclusions.
W pair production
In this section we introduce our notation and briefly review the results of [8] for the differential cross section of the process
where the final state fermions are leptons or quarks. All definitions and results of this section can be found in [8] and are repeated here only for the convenience of the reader. As in [8] the process is calculated in the SM with the γW W and ZW W vertices replaced by their most general form allowed by Lorentz invariance. In particular, we use the fermion-boson vertices of the SM. We parameterise the γW W and ZW W vertices by the parameters (2.4) in [3] . In the SM at tree level one has
and all other couplings are equal to zero. As usual we denote deviations from the SM values (2) by ∆g V 1 = g V 1 − 1 and ∆κ V = κ V − 1. It has been emphasised [13] that the following linear combinations of couplings, introduced in [3] , can be measured with much smaller correlations:
where ξ = s/(s − m 2 Z ), and similarly for the other couplings. The L-and R-couplings respectively appear in the amplitudes for left-and right-handed initial e − . We use the parameterisation (3) where appropriate. Fig. 1 shows our definitions of the particle momenta and helicities. The production of the W bosons is described in the e − e + c.m. frame. The coordinate axes are chosen such that the e − momentum points in the positive z-direction and the y unit vector is given byê y = (k × q)/|k × q|. At a given c.m. energy √ s, a pure initial state of 
Here and in the following fermion helicity indices are normalised to 1. A mixed initial state with general polarisation is given by the operator
where ρ (τ τ )(τ ′ τ ′ ) is the spin density matrix of the combined e − e + system and (τ ) denotes summation over τ , τ , τ ′ and τ ′ . The matrix entries satisfy
The differential cross section with the initial state ρ is given by the trace
where dσ is the operator
Using the narrow-width approximation for the W s, the matrix entries in (8) are
Here m W is the W boson mass, Γ W its width, and β = (1 − 4m 2 W /s) 1/2 its velocity in the e − e + c.m. frame. The sum (λ) runs over λ, λ ′ , λ and λ ′ . Denoting the transition operator by T the differential production tensor for the W pair is
and the tensors of the W − and W + decays in their respective c.m. frames are
The matrix elements in (10) and (11) are given in [3] . The W bosons are produced by SM neutrino exchange in the t-channel, and by s-channel photon and Z production via the TGCs of the SM and the anomalous TGCs. For remarks concerning the scope of this approach we refer to [8] . The W helicity states occurring on the right-hand side of (10) are defined in the frame of Fig. 1 . By Θ we denote the polar angle between the W − and e − momenta. Furthermore, we choose a fixed direction transverse to the beams in the laboratory. By Φ we denote the azimuthal angle between this fixed direction and the e − e + → W − W + scattering plane (see Fig. 2(a) ). The respective frames for the decay tensors (11) are defined by a rotation by Θ about the y-axis of the frame in Fig. 1 (such that the W − momentum points in the new positive z-direction) and a subsequent rotation-free boost into the c.m. system of the corresponding W . The spherical coordinates in (11) are those of the f 1 and f 4 momentum directions, respectively. In its rest frame, the quantum state of a W boson is determined by its polarisation. In the narrow-width approximation the intermediate W s are treated as on-shell, so that we can take as basis the eigenstates of the spin operator S z with the three eigenvalues λ = ±1, 0.
Subsequently, we set the electron mass to zero. Since we assume SM couplings for the electron-boson vertices we have the relations
Assuming the initial beams to be uncorrelated their spin density matrix factorises:
where ρ τ τ ′ and ρ τ τ ′ are the two Hermitian and normalised spin density matrices of e − and e + , respectively. As in [8] we parameterise these matrices by
with
The range of the azimuthal angles is 0 ≤ ϕ ± < 2π. The components of σ are the Pauli matrices. The degrees P ± t of transverse and P ± l of longitudinal polarisation obey the relations (P ± t ) 2 + (P ± l ) 2 ≤ 1 and P ± t ≥ 0. The components of p ± in (15) refer to the frame of Fig. 1 . The relative azimuthal angle ψ = ϕ − − ϕ + between p − and p + is fixed by the experimental conditions, whereas the azimuthal angles ϕ − of p − and ϕ + of p + in the system of Fig. 1 depend on the final state (see Fig. 2(b) ). For the case where P − t = 0 we choose the transverse part of the vector p − as fixed direction in the laboratory. Then we have Φ = −ϕ − . With these conventions the differential cross section for arbitrary beam polarisation is
In this formula the azimuthal angle Φ occurs only in the arguments of the two trigonometric functions.
CP and CPT
As is well-known [3] the real and the imaginary parts of the couplings g 1 , κ, λ, and g 5 are CP conserving, whereas those of g 4 ,κ, andλ are CP violating. Here CP denotes the combined discrete symmetry of charge conjugation and parity transformation. Furthermore, the real parts of the couplings are CPT conserving, whereas their imaginary parts are CPT violating, whereT denotes "naïve time reversal", i.e. the reversal of all particle momenta and spins without the interchange of initial and final state. Hence the TGCs can be classified as follows [13, 14] :
(a) CP and CPT conserving, (b) CP conserving and CPT violating, (c) CP violating and CPT conserving, (d) CP and CPT violating.
Since the interactions are invariant under rotations we can, instead of a pure CPT transformation, equally well consider R CPT , i.e. CPT followed by a rotation R by 180 degrees aroundê y . Notice that this differs from the definition of R in Sect. 3.3 of [8] where the rotation axis is (k × p − ). More detail is given in Appendices A and B.
When measured with an appropriate set of observables [13] , couplings from different symmetry groups have uncorrelated statistical errors (to leading order in the anomalous couplings), provided that phase space cuts, detector acceptance and the initial state are invariant under CP and R CPT . As mentioned in [8] , CP and R CPT violating effects from the initial state in e − e + → W − W + are suppressed by (m e /m W ) with transverse beam polarisation and by (m e /m W ) 2 with longitudinal polarisation or unpolarised beams. Consequently, these effects vanish in the limit m e → 0 for an arbitrary spin density matrix ρ. This means that, although the initial state is not invariant under CP and R CPT , it is effectively invariant for our reaction in the m e → 0 limit. Let us make this more explicit.
Both the CP and the R CPT transformation of the initial state leave the parti-cle momenta unchanged and correspond to the following transformation of the spin density matrix:
where
This transformation rule is derived in Appendix B. Thus invariance of the spin density matrix under either of the two symmetries requires
If the spin density matrix factorises as in (13) we find
In our parameterisation the spin density matrices are explicitly given by
The requirement (20) thus reads
which leads to the following conditions on the polarisation parameters:
If we do not demand CP or R CPT invariance of the full spin density matrix but only consider those matrix entries that give non-vanishing amplitudes we find, instead of (19):ρ
with a "reduced" spin density matrix
Inserting this definition into (25) we find that the condition for CP or R CPT invariance is trivially fulfilled. Under the assumption that only amplitudes with τ = −τ contribute to the differential cross section and that the factorisation (13) is possible, no condition has therefore to be imposed on P ± l , P ± t or ϕ ± to guarantee absence of CP or R CPT violation in the initial state. Any violation of CP or CPT is then due to the interaction.
Sensitivity to couplings
To investigate the prospects of measuring anomalous TGCs in the process (1) with transverse beam polarisation we use optimal observables [15, 13] . In the limit of small couplings, the statistical errors on the couplings determined with this method are minimal compared with any other set of observables. To be more precise, these observables minimise the errors for a given normalised event distribution. The integrated cross section still contains complementary information on the couplings. For more details concerning optimal observables we refer to Sect. 3 in [8] where they are applied to the same reaction with longitudinal beam polarisation. Before listing our results in Sect. 5 we now discuss some aspects of transverse polarisation in the context of the process (1) .
Looking at the differential cross section (16) we see that a change in ψ by ∆ψ is equivalent to a rotation of the whole event distribution about the beam axis by ∆Φ = ∆ψ/2. It neither changes the shape of the distribution nor the total event rate. The sensitivity to the TGCs thus does not depend on ψ. Integrating the differential cross section over Φ, the terms proportional to cos (ψ + 2Φ) and sin (ψ + 2Φ) in (16) vanish. The total cross section is hence independent of P − t , P + t and ψ. Therefore, in absence of longitudinal polarisation, the total cross section with transversely polarised beams equals that with unpolarised beams. This cross section is shown in Fig. 4 of [8] for the SM and with various anomalous TGCs. Some other quantities required for the optimal observable method are also the same for pure transverse polarisation and for unpolarised beams. These are in particular the total cross section in the SM σ 0 , the expectation values of the optimal observables in the SM E 0 [O i ], and the normalised second-order part of the total cross sectionσ 2ij , see (26) and (36) in [8] .
As seen in Sect. 3, the initial state is not invariant under the discrete symmetries CP and R CPT for generic beam polarisation. It is however effectively invariant if the electron mass is neglected, because then only a subset of helicity amplitudes is non-zero. Hence the results of Sect. 3.3 in [8] apply, i.e. a given optimal observable is sensitive only to couplings of the same symmetry class (a), (b), (c), or (d). Measurement errors on couplings of different symmetry classes are not correlated to leading order in the anomalous couplings. Furthermore, the first-order terms in the integrated cross section vanish except for symmetry (a), where only the g R 5 -term is zero.
Numerical results
In this section we present our results for the sensitivity to anomalous TGCs in the reaction (1) with transverse beam polarisations P − t = 80% of the electron and P + t = 60% of the positron beam. As in [8] we consider only events where one W boson decays into a quark-antiquark pair and the other one into eν and µν. These decay channels have a branching ratio of altogether 8/27. We assume that the two jets of the hadronic W decay cannot be identified as originating from the up-and down-type (anti)quark. This must be taken into account in the definition of the optimal observables as explained in [14] . To measure the coupling parameters these observables have the maximum sensitivity that one can obtain from the sum of the event distributions corresponding to the two final states.
For the masses of the W and Z we use m W = 80.42 GeV and m Z = 91.19 GeV [12] and define the weak mixing angle by sin 2 θ W = 1 − m 2 W /m 2 Z . For the total event rate N with transverse beam polarisation we use the values listed in Table 3 of [8] , viz. 1.14 × 10 6 for a c.m. energy of 500 GeV and 1.19 × 10 6 for 800 GeV. These values are computed for an effective electromagnetic coupling α = 1/128 and integrated luminosities of 500 fb −1 at 500 GeV and 1 ab −1 at 800 GeV.
In Tables 1 to 4 we give the standard deviations δh i = [V (h) ii ] 1/2 for the couplings of symmetry classes (a) to (d), as well as the correlation matrices
where V (h) ij is the covariance matrix of the couplings in the L-R-parameterisation (3). V and W are evaluated with zero anomalous couplings, and errors on couplings in different symmetry classes are uncorrelated to this accuracy. The δh i are the errors obtained without assuming any other anomalous coupling to be zero. For symmetry (b) we use the linear combinationsh ± = Im(g R 1 ± κ R )/ √ 2 instead of Im g R 1 and Im κ R to allow for better comparison with the results for unpolarised beams and longitudinal polarisation, where the normalised event distribution is sensitive tõ h − , but not toh + . The range of the δh i within each symmetry class is from about 5 × 10 −4 to about 5 × 10 −3 . Notice that bothh + andh − are measurable with an error of about 3.5 × 10 −3 using transverse polarisation. This confirms and makes quantitive the result of [8] that one is indeed sensitive toh + with transverse polarisation. Also the sensitivity toh − is significantly better than with unpolarised beams, where the error is about 10 −2 . The high correlation betweenh + andh − however suggests that the parameterisation with Im g R 1 and Im κ R is preferable in an analysis of the data from transverse polarisation (whereas it is inadequate with longitudinal polarisation or unpolarised beams). The gain by different types of polarisation at 500 GeV can be seen from Tables 5 to 8 for the four symmetry classes. In Tables 9 to 12 the same is shown for 800 GeV. To allow for better comparison with other studies we use the photon-and Z-couplings for the results of symmetries (a), (c) and (d) instead of the L-and R-couplings, although the latter are in general less correlated. We use however the L-R-couplings for symmetry (b), where only one coupling is unmeasurable without transverse beam polarisation. In the γ-Z-parameterisation, four couplings, Im g γ 1 , Im g Z 1 , Im κ γ and Im κ Z , are not measurable in the absence of transverse polarisation, because their linear combinationh + is not. In the unpolarised case the assumed luminosity is 500 fb −1 at 500 GeV and 1 ab −1 at 800 GeV. The same values are used for the results with transverse polarisation in the fourth row of each table. For the results with longitudinal e − polarisation in the second row we assume that one half of the luminosity is used for P − l = +80% and the other half for P − l = −80%. Similarly, for the results in the third row with additional longitudinal e + polarisation we assume that the total luminosity is equally distributed among the settings with (P − l , P + l ) = (+80%, −60%) and (−80%, +60%). For each of rows number two and three, the results from the two settings are combined in the conventional way, i.e. we take the two covariance matrices V 1 and V 2 , and compute the matrix
This is the covariance matrix on the couplings if they are determined by a weighted average from two individual measurements. V 1 , V 2 and V are 8×8 matrices for symmetry class (a) and 6×6 matrices for symmetry classes (c) and (d), whereas in the case of symmetry class (b) they are 7×7 matrices since the couplingh + is excluded. The square roots of the diagonal elements of V are then the 1σ-errors, which we list in the second and third rows of Tables 5 to 12. For a c.m. energy of 500 GeV the errors with unpolarised beams are between 10 −3 and 10 −2 in the γ-Z-parameterisation (see Tables 5, 7, and 8) . All errors (with or without polarisation) are smaller at 800 GeV (see Tables 9 to 12) , notably for Re ∆κ γ and Im λ R . For both c.m. energies the errors on all couplings in the γ-Z-parameterisation are about a factor 2 smaller with longitudinal e − polarisation and unpolarised e + beam compared to the case where both beams are unpolarised. With additional longitudinal e + polarisation this factor is between 3 and 4 for all couplings, except for Re ∆κ Z at 800 GeV where it is 4.7. If both beams have transverse polarisation, the errors on most couplings are approximately of the same size as in the situation where only the e − beam has longitudinal polarisation. Only for Re λ γ , Re λ Z , Reλ γ and Reλ Z are they smaller, viz. they are of the same size as with both beams longitudinally polarised. This is true for both energies. If electron as well as positron polarisation is available we thus conclude that, regarding the 1σ-standard deviations on the TGCs (without assuming any coupling to be zero) longitudinal polarisation is the preferable choice, except forh + . We emphasize that we are better with longitudinal polarisation also for the CP violating couplings Re g V 4 , Reλ V and Reκ V with V = γ or Z.
Furthermore, we analyse how correlations between couplings depend on beam polarisation. Given the large number of parameters, small correlations are highly desirable. For brevity we do not present the full correlation matrices here for all different types of polarisation but only give the average over the absolute values of the off-diagonal elements in the correlation matrices (see Table 13 ). Furthermore, we restrict ourselves to symmetry (a) and a c.m. energy of 500 GeV.
Apart from the average over all 28 matrix entries we list the averages over the correlations between L-couplings, between R-couplings and those between one Land one R-coupling. We see that no type of polarisation changes the average correlation between two L-couplings significantly. The average correlation between the R-couplings is most advantageous for transverse polarisation (26%), whereas in the other cases it ranges from 37% to 42%. On the other hand the L-couplings are hardly correlated with the R-couplings for longitudinal polarisation of e − and e + (2%). This deteriorates with transverse polarisation, but the correlations remain very small (8%). Altogether, regarding the size of the correlations there is no strong argument to prefer one type of polarisation or the other.
Finally, we remark that our results in Tables 5, 7, 9 and 11 in the case of unpolarised beams or longitudinal polarisation are in most cases better than those obtained by a spin density matrix method in Tables 5 and 6 of [16] , where the sensitivity was calculated on generator level for five CP conserving and four CP violating couplings.
Conclusions
We have studied the prospects of measuring TGCs at a future linear collider in W pair production with transverse beam polarisation. Effects due to transverse polarisation can only occur if both beams are polarised and if both spins have a transverse component. The classification of the TGCs into four groups according to their properties under the discrete symmetries CP and CPT remains valid in the case of transverse polarisation, neglecting effects which are at most O(m e /m W ). Using optimal observables these four groups of parameters can be measured without statistical correlation. Within each group, the errors on TGCs are correlated. We have given the errors and correlation matrices for a c.m. energy of 500 GeV with transverse polarisation of the electron (P − t = 80%) and the positron beam (P + t = 60%) in the parameterisation with L-and R-couplings. The errors range from about 5 × 10 −4 to about 5 × 10 −3 . Moreover, we have compared the errors-mainly in the γ-Z-parameterisation-for transverse polarisation with those for unpolarised beams and with those for one or both beams longitudinally polarised. For most couplings the errors obtainable with transverse polarisation are of the same order as with longitudinal e − polarisation and unpolarised e + beam. If one has both beams polarised and can choose between longitudinal or transverse polarisation it is therefore advantageous to use longitudinal polarisation, except for the measurement ofh + . For the real parts of the couplings, the only advantage of transverse polarisation we found is that the average correlation among R-couplings is slightly reduced. The couplingh + , however, is unmeasurable from the normalised event distribution with longitudinal polarisation, but it can be measured with an error of 3.2 × 10 −3 using transverse polarisation. This suggests to Table 2 : Same as Table 1 , but for symmetry (b). We use the abbreviations use some fraction of the total luminosity to run the collider in this mode in order to get a comprehensive measurement of all TGCs. The required luminosity for a certain desired value of the statistical error on Im(g R 1 + κ R )/ √ 2 can be easily calculated by applying the corresponding statistical factor. Table 6 : Same as Table 5 , but for symmetry (b) and with the L-R-parameterisation.
We write againh ± = Im(g R 1 ± κ R )/ √ 2. Using this parameterisation, a maximum number of couplings can be measured without transverse beam polarisation. In the γ-Z-parameterisation, the four couplings Im g γ 1 , Im g Z 1 , Im κ γ and Im κ Z are not measurable without transverse polarisation. 
A Appendix: Phase conventions of the helicity states
To make the discrete symmetry properties of the initial state (cf. Sect. 3) more apparent, we present in detail our phase conventions of the helicity states in this appendix. The resulting criteria for CP and R CPT invariance of the spin density matrix are shown in Appendix B. Our starting point is a Wigner basis of electron and positron states (see Chapter 16 of [17] ) defined in the e − e + c.m. system:
Here p is an arbitrary three-momentum in the e − e + c.m., given in the coordinate system fixed by the e − e + → W − W + scattering plane (cf. Fig. 1 ), and σ/2 is the spin component along the positive z-axis (we follow the notation of [8] and normalise all spin and helicity indices to 1). We set
where √ s is the c.m. energy of e − e + . We define the helicity states with momentum k + to be the Wigner states
We define the helicity states with momentum k − by a rotation of +π around the y-axis, i.e. we set
where J y is the angular momentum along y. The transformation formulae for the Wigner states (see Appendix J, 16.3 of [17] ) give
with ǫ = 0 1 −1 0 .
Here and in the following summation over repeated indices is understood. Our sign convention in the exponent of (32) together with the prescription to rotate aroundê y by +180 degrees is consistent with the spinors 5 (103) and (104) of [8] . For the spin density matrix ρ of the e − e + system in the helicity and Wigner bases we obtain the relation H e − (k + , τ )e + (k − , τ ) ρ e − (k + , τ ′ )e + (k − , τ ′ )
or, in shorthand notation,
where ρ H is the spin density matrix in the helicity basis and ρ W is the one in the Wigner basis. The matrix ρ H is therefore the same as ρ in (5). If the spin density matrix in the Wigner basis factorises, i.e. if
it also factorises in the helicity basis, with factors
We parameterise ρ W and ρ W as usual:
where p ± are the vectors defined in (15) . This results in the following form of the spin density matrices in the helicity basis:
as given in (14).
B Appendix: CP and R CPT invariance of the initial state
For a symmetry operation that is defined by a unitary operator U acting on the space of state vectors, invariance of ρ under this symmetry is expressed as
We have to reformulate this matrix equation in component notation in the helicity basis for the symmetries CP and R CPT . The transformation of the Wigner states under CP is defined by the unitary operator [17] U(CP )|e ± (p, σ) W = ∓|e ∓ (−p, σ) W .
Hence, for an e − e + state in the helicity basis we have U(CP )|e − (k + , τ )e + (k − , τ ) H = −|e − (k + , σ)e + (k − , σ) H ǫ σ τ ǫ στ ,
where the sign due to the interchange of fermions is taken into account. Invariance of ρ under CP then corresponds to:
which leads to the conditions (24) on the polarisation parameters. We define the discrete symmetryT by a unitary operator that acts on the Wigner states as follows:
For the combined symmetry U(CPT ) = U(CP )U(T ) we then obtain
Together with a subsequent rotation around the y-axis by +180 degrees (32) we have
The transformation of the combined e − e + state is then U(R CPT )|e − (k + , τ )e + (k − , τ ) H = −|e − (k + , σ)e + (k − , σ) H ǫ σ τ ǫ στ ,
where again the interchange of two fermions is taken into account. Invariance of ρ under R CPT then again leads to (44). So, as for CP , full invariance of ρ requires (24), whereas invariance of the reduced matrixρ (26) is trivially fulfilled.
